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Abstract 
 
 

This paper develops methods of investigating the existence and extent of 
cointegration in fractionally integrated systems. We focus on stationary series, 
with some discussion of extension to nonstationarity. The setting is 
semiparametric, so that modelling is effectively confined to a neighbourhood 
of frequency zero. We first discuss the definition of fractional cointegration. 
The initial step of cointegration analysis entails partitioning the vector series 
into subsets with identical differencing parameters, by means of a sequence 
of hypopthesis tests. We then estimate cointegrating rank by analysing each 
subset individually. Two approaches are considered here, both of which are 
based on the eigenvalues of an estimate of the normalised spectral density 
matrix at frequency zero. An empirical application to a trivariate series of oil 
prices is included. 
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ì _L ?L| _ðtUýtt it|ð4@|ðL? Lu q Lh K ð? |üi iñi?| Lu ULð?|i}h@|ðL?c @?_

UL?tð_ih it|ð4@|ðL? Lu _ L?*) uLh |üi TýhTLtit Lu |it|ð?} uLh ULð?|i}h@|ðL?ë

Aüi T@Tih ðt Lh}@?ð3i_ @t uL**Lêtë çLð?|i}h@|ðL? hi^ýðhit @| *i@t| |êL

i*i4i?|t Lu f| |L ü@ñi |üi t@4i _ðgihi?Uð?} T@h@4i|ihtc Mý| ð? |üi uL**Lêí

ð?} tiU|ðL? êi _ðtUýtt @ _i�?ð|ðL? Lu uh@U|ðL?@* ULð?|i}h@|ðL? |ü@| @**Lêt uLh

tL4i ñ@hð@|ðL? ð? |üi _ðgihi?Uð?} T@h@4i|iht Lu i*i4i?|t Lu f| êüi? R è ô

Eð? êüðUü U@ti @ 4Lhi }i?ih@* hiThiti?|@|ðL? |ü@? E�ä êLý*_ @TT*)ä ë `üi?

@** i*i4i?|t ü@ñi |üi t@4i _ðgihi?Uð?} T@h@4i|ihc @t ð? Eôäc o ' Rýo@?&ECäé
`üi? |üi) _L ?L|c L? hiLh_ihð?} @?_ T@h|ð|ðL?ð?} |üi i*i4i?|t Luf| ð?|L týMí

ñiU|Lht |ü@| ü@ñi |üi t@4i _ðgihi?Uð?} T@h@4i|ihc êi ü@ñi @ hiThiti?|@|ðL?

Lu |)Ti Eôä uLh |üi tTiU|h@* _i?tð|) 4@|hð Lu i@Uü týMñiU|Lhc @?_ |üi Lñih@**

ULð?|i}h@|ð?} h@?! ðt R 4ð?ýt |üi tý4 Lu |üi h@?!t Lu |üi âCâ 4@|hðUit uLh

i@Uü týMñiU|Lhë Aüýt |üi ThLM*i4 itti?|ð@**) hi_ýUit |L L?i Lu _i|ih4ð?ð?}

|üi h@?! Lu C ð? Eôäë 6ðht|c üLêiñihc ð? 5iU|ðL? ôc êi _itUhðMi @ |it|ð?} @*í

}Lhð|ü4c Lu @ |)Ti ThiñðLýt*) ýti_ ð? |üi @?@*)tðt Lu ñ@hð@?Uic uLh |üi ð?ð|ð@*

T@h|ð|ðL?ð?} Lu f|( |üðt ThLM*i4 ðt UL4T*ðU@|i_ M) |üi u@U| |ü@| |üi |üiLh) Lu

it|ð4@|ð?} _ðgihi?Uð?} T@h@4i|iht ñ@hðit _iTi?_ð?} L? êüi|üih Lh ?L| |üihi

ðt ULð?|i}h@|ðL?c êüðUü ðt ?L| !?Lê? @| |üi T@h|ð|ðL?ð?} t|@}ië ì 4@) |üi?
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